TWISTED INDEX THEOREM 0O00O0O0OOOO

OO0 OO0 (Ooooooooon)

1963 0 O Atiyah-Singer O 00 Gauss-Bonnet [0 0 [0 Riemann-Roch-Hirzebruch 0O 0 0O
Thom-Hirzebruch 00 000000000000 O0DOO0OOOOODOODOOODOOOO
0000000000000 000D000O00 Atiyah O I. M. Singer 0 von Neumann
00000000000 00000000000000D0000000D000 (T-index
theorem) 000000000 A.ConnesJ C*O00 KOOOOOOO1982000000
00000000000 000000dAtiyah-Singer 00000 OO I'-index theorem [
0000000000 DOO0000D0DO00D0DOO00D0DO00D0O0000 Twisted Index
Theorem OO0 O OO0O0O0OO0O0OO0DOOODOO

MDDDDDDDDDDDDDDW:M%MDDDDDDDDDDFle(M)D
000000 wO MOO closed 2-form0 [w] 00000 H*(M,Z)D0OO0OO00OO0O0O
00000000 f: M —BroooO [w] € Image[f*: H*(BT;R) — H*(M;R)] O
00000000 MOOOOOODOOOOOO00 000000000000 o = e2mico ;
'xI'-U(l)J00000 2000000000000 L=MxCO00cO000T
000000ododbOOoDo0ooooooboboDOoDOooO vooooooooooo

Twisted Index Theorem (Marcolli-Mathai, Moriyoshi). D00 LOOOOOO Dirac
0000 DvYOooooO

() c0D0DDODODODO C*O00 C*(lo)0 KODOODOOOODiree 00O0ODODODO
Ind DY € Ky(C*(T,o)) 0O OO0
i) 000070000000 7 : Ko(c!(T,0)) = ROODOOODODOOO0OODOOOO

7.(Ind DY) = / A(TM)e ==
M
Corollary 1. DO OO0O0OO00ODOOOO MO aspherical, 00000000000
gbooboMOOObOOoOobOooboobobobooboooboooo

000000000 closed aspherial manifold OO OO OOOOO0OOOOOOOO
0000000000000 Gromov-Lawson 000000000 OOODOODO

Corollary 2. 0OOOODOO NODODOO 7 N—>NOO#mw:0 ezact 0000
O000000000oooooooooo Mo NOOOO (-D)Td(M)>0000
000000 dimegM =n0000

000000 Green-Lazarsfeld, Kollar OO0 OO0 O0O00O00O0O

Theorem 3 (Green-Lazarsfeld, Kollar). M O n0000000000000O0 n0O
O Abelian variety A™ O 0O generically finite morphism f: M — AO0O0OO0OOOO0O
(-1)"Td(M)>00000



